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1 A=(aij)n

(aij = 0  : I ≠ j) 
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A = (aij)m,nB = (bij)p,q

1 q = np = m, 

2 aij = bijj, i 
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A = (aij)m,n

Rank ARank A ≤ m

Rank A ≤ n

1 n ≥ Rank A ≤ m

2 nn

3 n < mn

~ 

R1 /3 ~ 

2R1+R2 ~ 

R2 /4 ~ 

R2+R1 

~ 

-2R1+R2 ~ 

-3R1+R3 

~ 

R2/2 ~ 

-R2+R1 ~ 

-3R2+R3 

~ 

-2R3 ~ 

-11/2R3+R1 ~ 

7/2R3+R2 
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4 m < nm 

5 Rank A ≤ min (m,n)
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∆A ≠ 0A
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ax = b 

ab

1 b = 0

2 b ≠ 0
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a11 x1 + a12 x2 + .... a1n xn = b1 

a21 x1 + a22 x2 + … a2n xn = b2 

 

am1 x1 + am2 x2 + … amn xn = bm 

A = (aij)m,nmna

A' = (aij)m,n
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





























263

014

001

221

121

102

266

115

321































 























700

520

131

221

221

111

112

115

123

321

5 

 






































2

1

1

142

22

12

31

ABC





























































111

111

111

213

101

321

111

121

201

DEF

D + E3E - 5F2F + 2E - 

5D 

BA

BCFA + AEF  EC

C.C
T
 + DE(EC)

T
(EC)

T
 CFE

T
 D

 

6  


























 


53

21

37

52

45

37
ABC

ABCABBA

C
T

BCABCCAB

ACBCA(BC)
T

(AC)
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7  

2x + y = 1x - y = 13x - 5y = 7

x + y = 2y - x = -22x + 3y = -8

3x -  y = 5x + 2y = 5 5x - 2y = 2

7x + 3y = 1  2x + 4y = 33x + 2y = 5

8  





























































 101

132

111

411

518

145

113

321

413



























































192

751

634

3497

8124

7272

2501

1131

3513

2212

1321

9 

 x1 + 2x2 - 2x3  = -7                                  2x +   y -    z  = 1 

-x1 +  x2 + 3x3  = 3                                   3x + 5y + 2z  = 2 

2x1 -  x2 + 2x3  = 8                                   4x -    y -  2z  = 1 
 

5x + 2y + 3z = 4                             2x1 + 2x2 + 4x3 = 16 

3x -   y -  4z = 1                              3x1 + 2x2 +  x3 = 10 

2x +  y + 2z = 2                                x1 + 3x2 + 3x3 = 16 

12  

31

02

31

21

11

22



























































 

012

131

013

421

222

314

211

032

121
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













 







































 213

036

123

233

060

133

221

402

313





































































11527

15396

3124

5132

6145

0010

2312

2532

1528

2614

5311

3042
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x'ox   

Complex numbers

x' 

x o 

y  

y  

x  
x  o  

(x , y)  
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(x , y) 

xy

C

x'ox

(x , 0) y'oy

(0 , y)

x'ox

x , yx , -y

x , yzz

  (   )   ̅  (    )  

0,1ii = (0,1) 

21

1  

(     )        (      )    

(      )  (      )  (            )  

1

(3 , 5) + (1 , 2) = (4 , 7) 

(8 , 4) – (3 , 6) = (5 , -2) 
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(     )     (     )    
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2

(   ) (   )  (           )  (    )  

  (   ) ̅  (    )

   ̅  (   )(    )  (       )           

3    ̅

   (   ) ̅  (    )

   ̅  ( )  ( )           

i . i

       (   ) (   )  (    )      

√     

1i
2

4√   

√    √(  )   √    
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   x'ox

(   )   

      (   )     

(   )   

 (   )  (   )(   )  (         )   (   )  (     )  

5 (   )  (    )

22

(   )   

(   )  (   )  (   )  (   )   (   )  

(   )        

x , y

23

x , yx

yi

1  

                           

      (      )  (      )  

                                         (       ) 

                    (     )   (     )  

       (     )   (     )       

       (     )   (     )
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         (      )  (      )  

                                                       

                                                 

                                  (         )   (         )

         (         )   (         )  
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(      )(      )

(      )(      )
  

  

  
 

(         ) (         )

  
    

  

  

  
 

(         )

  
    

  
         

  
    

   

6

z1=3+4i  ,  z2=1+i

                            
  

  
 

      (    )  (   )        
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z = x + iyx , y

z = x + yi

x , yz

zθx'ox

z

r| |

y  

y  

x  
x  o  

(x , y)  

x'  

y'  

θ  
r  
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  √       

θ

     
 

 
  

      
 

 
  

x , y1,21,3

        

        

z = x + yi

                 

     [             ]  

   θ

    [    (     )       (     )]  

z = x + iy

7z = -1 + i

x = -1y = +1

  √      √    √   

y  

x  
-1 

θ  

+1 
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25

1  

     [             ]      [             ]  

           [             ][             ]                   

                [                                       

              ]

                  [(                       )   (           

           )]    

            [   (     )       (     )]                            

z1 . z2 . … . znr1 . r2 . … rn

θ1 . θ2 . … . θn

z1. z2. …. zn = r1. r2. … rn [cos(θ1+θ2+…θn)+i sin(θ1+θ2+…θn)]

1z = x + yirθ

z
n 
= z.z … .z = r.r … .r [cos (θ+θ+…θ) + i sin (θ+θ+…θ)] 

 

 θ  
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   z
n
 = r

n
 [cos (nθ) + i sin (nθ)] 

n

zθг

√ 
 

  
 

 ⁄

    [    (     )       (     )]  

√ 
 

  
 

 *   
     

 
      

     

 
+                      

nn

nkk = 0 , 1 , 2 , … , n-1

8

   √   √ 
 

z
3

  √      √      

      
 √ 
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k = 0 , 1 , 2 , 3
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e
i θ

 = cos θ + i sin θ 

z=r [cos θ + i sin θ]z = r e
i θ

    [    (     )       (     )]  

      (     )

27

za

      (     )

          [   
 (     )]                   

                (     )      

a = 10

                     (     )         

a = e

           (     )          
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31

nxn

   
     

                         

an , … , a1 , ao

nx

f(x) , g(г) , φ(x) , … 

nx

 ( )     
     

                       

an , … , a1 , ao

g(x) ; f(x) 

 ( )     
     

                     

 ( )     
     

                         

 g(x) ; f(x)

x

 ( )   ( )                             

1

f(x) = ax
2
 + bx + c  ,  g(x) = 2x

2
 -3 

f(x) = g(x)a = 2 , b = 0 , c = -3 
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 ( )                
                 

x

32

 ( )            
              

    ( )            
               

1 g(x) , f(x)c(x)k

kn , m 

f(x) + g(x) = c(x) = co + c1x + c2x
2
 + … + ckx

k
 

ci

ci = ai + bi   ;   i = 0, 1, 2, … , k 

2

f(x) = x
4
 + 4 x

3
 – 2x

2
 + 3 x – 10 

                         g(x) = 2 x
3
 – 7 x

2
 + 7 

g(x) , f(x)g(x)f(x)

f(x) + g(x) = x
4
 + 4 x

3
 – 2x

2
 + 3 x – 10 + 2 x

3
 – 7 x

2
 + 7 

                      = x
4
 + 6 x

3
 – 9 x

2
 + 3 x – 3            

2 g(x)f(x)g(x)

1f(x) 

3

f(x) - g(x)

f(x) - g(x) = x
4
 + 4 x

3
 – 2x

2
 + 3 x – 10 - 2 x

3
 + 7 x

2
 - 7 

                        = x
4
 + 2 x

3
 ± 5 x

2
 + 3 x – 17 
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n , m

33

g(x) , f(x)

g(x) , f(x)d(x)n+mdk

   ∑                           

d0 = a0 b0              d1 = a0 b1 + a1 b0 , … 

f(x) . g(x) = d(x) = d0 + d1 x + d2 x
2
 + … + dn+m x

n+m
 

4

f(x) = x
4
 – 6 x

2
 + 2

           g(x) = x
3
 – 2 x

2
 + 12 x + 3 

f(x) . g(x)f(x)

g(x)

f(x) . g(x) = (x
4
 – 6 x

2
 + 2) . (x

3
 – 2 x

2
 + 12 x +3) 

                = x
7
 – 2 x

6
 + 12 x

5
 + 3 x

4
 – 6 x

5
+ 12 x

4
 – 72 x

3
 – 18  

                  x
2
 + 2 x

3
 – 4 x

2
 + 24 x + 6 

                 = x
7
 – 2 x

6
 + 6 x

5
 + 15 x

4
 – 70 x

3
 – 22 x

2
 + 24 x + 6 

1

1  

 f(x) + g(x) = g(x) + f(x)

f(x) . g(x) = g(x) . f(x) 

g(x) , f(x)
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2  

f(x) + [g(x) + h(x)] = [f(x) + g(x)] + h(x)

                   f(x) . [g(x)  .  h(x)] = [f(x) . g(x)] . h(x) 

h(x) , g(x) , f(x)

3  

[f(x) + g(x)] . h(x) = f(x) . h(x) + g(x) . h(x) 

h(x) , g(x) , f(x)

34

f(x)g(x)г(x) , q(x)

f(x) = g(x) . q(x) + г(x) 

q(x)f(x)g(x)г(x)

г(x)g(x)г(x)=0г(x) , q(x)

 ( )

 ( )
  ( )   

 ( )

 ( )
         ( )     

г(x) , q(x)

5

f(x) = 2x
5
 + x

4
 – 5 x

3
 + 12 x

2
 + 10 x -2 

                   g(x) = x
3
 – 2 x + 7 

 ( )

 ( )
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   2 x
5
 + x

4
 – 5 x

3
 + 12 x

2
 + 10 x – 2     x

3
 – 2 x + 7 

± 2 x
5
        ± 4 x

3
 ± 14 x2                    

              x
4
 – x

3
 – 2 x

2
 + 10 x – 2         2 x

2
 + x – 1 

          ±  x
4
        ± 2 x

2
 ±   7 x 

                   - x
3
           +   3 x – 2 

                   ± x
3
          ±    2 x ± 7 

 

                                            x + 5 

q(x) = 2x
2
 + x - 1r(x) = x + 5f(x)

f(x) = (x
3
 – 2 x + 7) (2 x

2
 + x – 1) + (x + 5) 

r(x) = 0g(x)f(x)

35

p(x) = b0 x
n
 + b1 x

n-1
 +…+ bn-1 x + bn

x = axp(a)

p(x)(x – a)

P(x) = (x – a) Q (x) + R 

Q(x)R

P(a) = R 
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Q(x) = c0 x
n-1

 + … + cn-2 x + cn-1 

c0   = b0 

c1   = b1 +b0 a 

 

cn-1 = bn-1 + bn-2 . a 

R    = bn + bn-1 . a 

Q(x)

c0 , c1 , … cn-1Rp(x)x = a

b0     b1      b2      …      bn-1     bn 

        c0a     c1a     …     cn-2a     cn-1a 

c0     c1       c2                cn-1      R 

p(x)x
n

b0b0

ap(a)p(x)x 

  ab0c0 = b0

ab1c1a

b2c2

6

P(x) = 5 x
4
 – 3 x

3
 + 4 x

2
 + 2 x – 5x = 3 

a 
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5       -3       4       2          -5 

        15      36     120      366

5      12       40    122      361 

P(3) = 861P(x)

7

P(x) = 7 x
5
 – 2 x

3
 + x

2
 - 5 x + 8x – 2 

X – 2 = 0         X = 2 

7       0       -2       1          -5       8 

        142      8     52       106    202

7      14       26    53       101    210 

          p(x) = (x – 2)(7 x
4
 + 14 x

3
 + 26 x

2
 + 53 x + 101) + 210 

Q(x) = 7 x
4
 + 14 x

3
 + 26 x

2
 + 53 x + 101

R=210

8p(x) = 5 x
6
 + 2 x

3
 - 4 x

2
 + 3 x + 4

x + 1

X + 1 = 0         X = -1

5       0       0       2          -4       3       4

       -5        5      -5           3       1      -4

5     -5        5      -3          -1       4       0

3 

2 

-1 
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R = 0p(x)x + 1

                    p(x) = (x + 1)(5 x
5
 - 5 x

4
 + 5 x

3
 - 3 x

2
 – x + 4) 

9p(x) = 2 x
3
 - 5 x

2
 - 18  x + 45x+3

X + 3 = 0           X = -3  

2       -5       -18       45 

         -6         33     -45

2       -11       15       0

p(x)x + 3

p(x) = (x + 3)(2 x
2
 – 11 x + 15) 

 p(x) (    )p(x)

  
 

 
  

 

 
]

11

p(x) = 9 x
5
 - 15 x

3
 + 8 x

2
 - 293x + 2

3X + 2 = 0          X =  
 

 

9       0       -15       8          0       -29

         -6          4        
  

 
       - 

  

 
      

   

  
 

9      -6        -11      
  

 
        - 

  

 
     

    

  
 

-3 

- 
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p(x) = (3x + 2)(9 x
4
 - 6 x

3
 - 11 x

2
 + 

  

 
 x - 

  

 
) - 

   

  
 

11p(x) = 24 x
5
 - 16 x

4
 + x

2
 – 3 x + 

   

   
 (4x 

- 3)

4X – 3 = 0        X = 
 

 
 

24       -16       0       1          -3        
   

   

             18       
 

 
       

 

 
          

  

  
       -

   

   

24          2        
 

 
      

  

 
        

   

  
        0

p(x)4x - 3

p(x) = (4x - 3)(24 x
4
 + 2 x

3
 + 

 

 
  x

2
 + 

  

 
 x - 

  

  
) 

36

p(x) = b0 x
a
 + … + bn-1x + bny

y = x - a

P(y+a) = c0 y
n
 + … + cn-1 y + c0 

y + axn

n

12p(x) = 2 x
4
 - 3 x

2
 + 5 x – 4(x - 2)

X – 2 = 0           X = 2
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2       0       -3       5          -4 

         4        8      10         30

2       4        5      15         26 

         4       16     42 

2       8        21    57 

         4        24 

2      12       45 

         4 

2       16 

p(x) = 2(x – 2)
4
 + 16(x – 2)

3
 + 45(x – 2)

2
 + 57(x – 2) + 26

13p(x) = - 5 x
4
 + 3 x

2
 - 6 x + 7(x + 3)

X + 3 = 0           X = -3

-5       3          0          -6         +7

         15       -54       162      -468

-5      18       -54       156      -461 

          15       -99       459 

-5       33      -153     615 

           15      -144 

-5        48      -297 

           15 

-5        63 

p(x) = -5(x + 3)
4
 + 63(x + 3)

3
 - 297(x + 3)

2
 + 615(x + 3) - 461 

-3 

2 
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14P(x) = 2x
4
 - 1(3x – 6)

3X – 6 = 0           X = 2

 

2       0          0          0         -1

         4          8         16        32

2       4          8         16        31 

         4         16        48 

2       8         24        64 

         4         24 

2       12       48 

          4 

2       16 

P(x) = 2(x-2)
4
 + 16(x-2)

3
 + 48(x-2)

2
 + 64(x-2) + 31 

P(x) = 
 

  
 (3x-6)

4
 + 

  

  
 (3x-6)

3
 + 

  

  
 (3x-6)

2
 + 

  

 
 (3x-6) + 31 

P(x) = 
 

  
 (3x-6)

4
 + 

  

  
 (3x-6)

3
 + 

  

 
 (3x-6)

2
 + 

  

 
 (3x-6) + 31 

37

a , 0b , 0f(x)f(x) ≥ 0

xa , bDS1 . 

3

2 
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1.3

38

y = f(x)a , b

1.3

DABB'A'x = b , 

x = a

DS

a , bx

b = x1 , x2 , … , xn-1 , xn

Mn , Mn-1 , … , M2 , M1

3.1S'

SD

1.3

S' = (x1 – a) f(a) + (x2 – x1) f(x1) + … + (b – xn-1) f(xn-1) 

D

AB 

B 

B' 
x 

Mn-1 

M2 

M1 

A 

A' 

y 

(b , 0) (a , 0) 

D 
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39

y = f(x)a , b

b = x1 , x2 , … , xn-1 , xn n, …,  2,  1

a , x1x1 , x2xn-1 , b

S' = (x1 –  ) f( 1) + (x2 – x1) f( 2) + … + (b – xn-1) f( n)

 1a , x1 nxn-1 , b

xn-1 , … 

, x2 , x1

     ∫  ( )  
 

 
  

abf(x) dx

a , ba , b

Sxn-1 , … , 

x2 , x1 n , … ,  2 ,  1f(x)

(a , b)

311

y = f(x)a , b

  ∫  ( )  
 

 
y = f(x)

oxx = b , x = a
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a , bn

  
   

 

2.3

h

f(xn-1) , f(x2) , f(x1) , f(x0)

x0 = axn-1 = a + (n-1)h, … , x2 = a + 2h, x1 = a + h,

I ≈ h [f(x0) + f(x1) + … + f(xn-1)] 

15  ∫          
 

 

  
   

  
 

 

  
xa, … , x1, x0f(x)= x sin x

  

  

  

  

  

  

  

  

  

  

  

  

  

  

  

  

 

  
0x

0.8741.4771.7791.7931.5711.1950.7620.3690.0970f(x)

I = h[f(x0) + f(x1) + … + f(x9)] 

y = f(x) 

x 

y 

b a  

 
 

 

 

 

 



  

76 

 

                                     = 
 

  
 (9.917) = 3.116 

311

  ∫  ( )   
 

 
f(x)

a , b

   *
 

 
 (  )   (  )   (  )     (    )  

 

 
 (  )+  

     
 

 
[ (  )    (  )      (    )   (  )]  

16

  ∫          
  

 
  

n = 8

 f(x) = x 1n x

  
    

 
 

 

 
                         

109.258.57.7576.255.54.754x

23.02620.57818.19115.8713.62111.4549.3767.4015.545f(x)

   *
 

 
 (  )   (  )     (  )  

 

 
 (  )+

I = 0.75 [110.7765] = 83.082

17f(x)

1.41.210.80.60.40.2x

1.95061.88741.85941.86671.90941.98731.1002f(x)

  ∫  ( )  
   

   

   [ (  )   (  )     (  )]  

h = 0.4 – 0.2 = 0.2  
       

   
  

I ≈ (0.2) [2.1002 + 1.9873 + 1.9094 + 1.8667 + 1.8594 + 1.8874] 

  = (0.2) (11.6104) 
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  = 2.3221 

   *
 

 
 (  )   (  )     (  )  

 

 
 (  )+  

I ≈ (0.2) [1.0501 + 1.9873 + 1.9094 + 1.8667 + 1.8874 + 0.9753]

  = (0.2) (10.4855) = 2.0971 

312

nn = 2r

  ∫  ( )  
 

 

  
 

 
[ (  )    (  )    (  )    (  )    (  )    

  (     )    (     )   (   ) ]  

18

  ∫         
 

 
 

n = 6 

  
     

 
 

 

  
f(x)

 
 

  
 

 

  
 

 

  
 

 

  
 

 

  

 

  
0x

1.57021.30871.0470.72530.52360.26180f(x)

I ≈ 
 

  
 [4(.2618)+2(0.5236)+4(0.7853)+2(1.047)+4(1.3087)+1.5702] 

  =  
 

  
 (14.1346) 

  = 1.2335 
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1 x 

p(x)= 3x
5
 - 7x

4
 – 5x

3
 +6x

2
 +2x – 10        ;   x = 5        

p(x)= x
5
 - x

4
 – 20x

3
 - 44x

2
 - 21x – 45    ;    x = 3    

p(x)=  x
4
 – 14x

3
 - 126x

2
 + 2070x – 6075    ;    x = 5     

p(x)= x
10

 - 7x
6
 + x

4
 – 2x

3
 + 3x

2
 + 4x – 1    ;    x = 2

2  

P(x) = 2x
4
 – 6x

3
 + 7x

2
 - 5x + 1x + 2

P(x) = - x
4
 – 7x

3
 - 5x

2
x + 3

P(x) = 5x
3
 - 3x + 2x + 1

P(x) = 2x
5
 - 5x

2
 + 11x – 2

P(x) = 10x
3
 - 2x

2
 + 3x - 12x - 3

P(x) = x
4
 + x

3
 + x

2
 + 13x + 6

P(x) = 5x
6
 – 7x

3
 + x

2
 - 5x + 2x - 3

3  

P(x) = x
4
 – 5x

2
 + 2x - 1(x – 2)

P(x) = 2x
3
 + 5x

2
 – x + 2x + 2)

P(x) = 3x
4
 – x

3
 + 5(x + 1)

P(x) = 2x
5
 - 7x

2
 + 3x - 5 (x – 1)

P(x) = 4x
4
 - 4 (4x – 4) 

4 y = f(x) 

2.221.81.61.41.21 0.8x

3.63.332.72.42.11.91.7f(x)
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  ∫  ( )    
   

   

5   ∫        
 

 
n = 10

 

6   ∫          
 

 
n=6

 x 

7   ∫
 

    
   

 

 
n = 8

x 
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O X Yx , yMO X Y

O (0 , 0)O0 (a0 , b0)

Ox , OyӨOy , Ox

  ̅̅ ̅̅
 (0 , Ө)

x
2
 + y

2
 = R

2
R

  

  
 

  

  
  o

(b , a)
  

  
 

  

  
  

(b , a)

(ax + by + c) (a'x + b'y + c') = 0 

    (x – x0)
2
 +     (y – y0)

2
 = R

2
 

b
2
 (x – x0)

2
 + a

2
 (y – y0)

2
 = a

2
b

2
 

b
2
 (x – x0)

2
 + a

2
 (y – y0)

2
 = a

2
b

2
 

(x0 , y0)

(x – x0)
2
 = 2p (y – y0)         or          (y – y0)

2
 = 2p (x – x0) 
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(x0 , y0)p

x y = λx y

x 0 y

M = { ( x , y ) ε R
2
 : Ax

2
 + 2Bxy + Cy

2
 + 2Dx + 2Ey + F = 0 } 

F, D, C, B, A

C, B, A

41

Ax
2
 + 2Bxy + Cy

2
 + 2Dx + 2Ey + F = 0 

C, B, A

Ax + By + D = 0 

Bx + Cy + E = 0 

  |
      
      

|         



  

82 

 

   

   

   
|      
      

|

 
 

     

 
                       

|      
      

|

 
 

     

 
  

1

)   9x
2
 +   6xy + 4y

2
 – 10x - 8y + 4 = 0  

) 4x
2
 – 12xy + 9y

2
 +   6x         -  8 = 0 

3x
2
 +   5xy – 7y

2
 +   2x - 6y +  1 = 0 

F=4 , 2E = -8 , 2D = -10 , C = 4 , 2B = 6 , A = 9

ω = AC – B
2
 = (9) (4) – (3)

2
 = 27 ≠ 0

   
     

 
 

( )(  )  (  )

  
 

 

  
  

            
     

 
 

(  )( )  (  )

  
 

  

  
 

 

 
  

F= - 8 , 2E = 0 , 2D = 6 , C = 9 , 2B = -12 , A = 4

ω = AC – B
2
 = (4) (9) – (-6)

2
 = 0

F= 1 , 2E = -6 , 2D = 2 , C = -7 , 2B = 5 , A = 3

ω = AC – B
2
 = (3) (- 7) - (2.5)

2
 = - 27.25 ≠ 0



  

83 

 

   
     

 
 

(   )(  ) (  )( )

      
 

 

   
  

   
     

 
 

(   ) (  )

      
 

   

   
            

 

42

G (x0 , y0)

   
     

 
               

     

 
  

X = x1
 
+ x0 

Y = y1 + yo 

G (x0 , y0)

Ax1 
2
 + 2Bx1y1 + Cy1

2
 + F' = 0 

C, B, Ay
2
, xy, x

2
FF'

                 
 

 

  |
           
           
           

|                        |
      
      

|  

2

4x
2
 + 5 xy + y

2
 + 4 x + 1 = 0 

F = 1 , 2E = 0 , 2D = 4 , C= 1 , 2B = 5 , A = 4

ω = AC – B
2
 = (4) (1) – (2.5)

2
 = – 2.25 ≠ 0
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3

6 xy + 8 y
2
 – 12 x – 26 y + 11 = 0 

F = 11 , 2E = – 26 , 2D = -12 , C= 8 , 2B = 6 , A = 0

ω = AC – B
2
 = –9 ≠ 0

81

11136

1383

630









W

Ax1
2
 + 2Bx1y1 + Cy1

2
 + F' = 0 

   
 

 
 

  

  
     

6 x1y1 + 8 y1
2
 – 9 = 0 
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F'   
 

 

   
     

 
  

      

  
   

   
     

 
  

   

  
         

F'F' = D x0 + E y0 + F = 6 – 26 + 11 = – 9 

43

(2 Bxy)

Ө

1      
  

   
A ≠ C

B tg
2
 Ө + (A – C)    Ө – B = 0

2θ   
 

 
A = C

1ω ≠ 0

A' x
2
 + C' y

2
 + F' =0

A' = A + B.    Ө 

C' = C – B .     Ө 

             
 

 
  

   Ө

B    2
Ө + (A – C)    Ө – B = 0 
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2ω = 0Ө

A' x
2
 + C' y

2
 + 2D' x + 2E' y + F = 0 

  A' = A + B.    Ө 

  C' = C – B.    Ө 

2D' = 2D cosӨ + 2E sinӨ 

2E' = 2E cosӨ – 2D sinӨ 

tgӨ

B    2
Ө + (A - C)    Ө - B = 0 

    
 

 

4

6 xy + 8 y
2
 – 12 x – 26 y + 11 = 0 

F = 11 , 2E = – 26 , 2D = –12 , C= 8 , 2B = 6 , A = 0

ω = AC – B
2
 = –9 ≠ 0 

G

   
     

 
    

   
     

 
       

G ( -1 , 2 )   Ө

B    2
 Ө + (A – C)    Ө – B = 0 

 3    2
 Ө – 8    Ө –3 = 0 

   Ө = 3      
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A' = A + B.    Ө 

A' = 0 + 3 (3) = 9 

C' = C – B.    Ө 

C' = 8 – 3 (3) = –1 

F' = D x0 + Ey0 + F = – 9  

A' x
2
 + C' y

2
 + F' = 0 

  9 x
2
 – y

2
 – 9  = 0         

    
  

 
    

5

x
2
 + 4 y

2
 – 5xy + x + 2y – 2 = 0 

x
2
 - 5xy + 4y

2
 + x + 2y – 2 = 0 

F = –2 , 2E = 2 . 2D = 1 , C = 4 , 2B = –5  , A = 1

        ( )( )  (    )   
 

 
  

   
     

 
 

      

     
   

   
     

 
 

       

     
   

   Ө

B    2
 Ө + (A – C)    Ө – B = 0 
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  √  

  
           

  √  

  
 

    
 

 

           
  √  

 
  

           
  √  

 
  

                

A' x
2
 + C' y

2
 + F' = 0 

  √  

 
   

  √  

 
      

    
  √  

  √  
    

   
 

(  √  )
     

   
 

  √  
   

(2 , 1)

6

9 x
2
 + 24 xy + 16 y

2
 – 40 x + 30 y = 0 

F = 0 , 2E = 30 , 2D = - 40 , C = 16 , 2B = 24 , A= 9 

ω = AC – B
2
 = 9 ( 16 ) – ( 12 )

2
 = 0 
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   Ө

B    2
 Ө + (A - C)    Ө – B = 0 

                    

     
 

 
        

    

  
 

 

 
  

                  

                 

                     

    (   ) (
 

 
)  (  ) (

 

 
)     

                    (  ) (
 

 
)  (   ) (

 

 
)      

A' x
2
 +  C' y

2
 + 2D'x + 2E'y + F = 0 

25 x
2
 + 50 y = 0  

X
2
 = –2Y

oxӨ     
 

 
(0 , 0)

7

2 x
2
 + 4 xy+ 5 y

2
 – 6 x – 8 y – 1 = 0 

F = –1 , 2E = – 8 , 2D = -6 , C = 5 , 2B = 4 , A = 2

ω = AC – B
2
 = 6 ≠ 0 

   Ө

B    2
 Ө + (A - C)    Ө – B = 0 

2    2
 Ө  –          3    Ө – 2 = 0 
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35

143

452

322











FED

ECB

DBA

W  

              

              

          
 

 
    

       
  

 
    

  

  
 ⁄
 

  

  
 ⁄
    

(
 

 
 
 

 
)

oxӨtgӨ = 2=63
0
 26

'
 6

''
1.127=Ө

  √
  

  
 

  √
  

 
 

44

1     

2     
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M = { (x , y) ε R
2
 : Ax

2
 + 2Bxy + Cy

2
 + 2Dx + 2Ey + F = 0 } 

A , B , C          

ωωw M 

   > 0ω 

W = 0

AW > 0 

AW < 0 
B = 0 A = C 

< 0ω 
W = 0

W ≠ 0 

   

 

W ≠ 0

W=0 

CF-E
2
=0 

CF-E
2
>0

CF-E
2
<0

8

 )  5x
2
 + 4xy + 3y

2
 – 32 x – 56 y + 80 = 0 

 ) 8x
2
 -12 xy + 17 y

2
 + 16 x – 12 y + 3 = 0 

 ) x
2
 – 5 xy + 4 y

2
 + x + 2y – 2 = 0  

 ) 2x
2
 + 2y

2
 + 2x –y -6 =0

) x
2
 -2xy + y

2
 + 6x -14 y + 29 =0 

 ) 4x
2
 -12 xy + 9 y

2
 + 20 x -30y -11 =0 

 ) 7 x
2
 – 24 xy – 38 x + 24 y +175 = 0 

F = 80 , 2E = -56 , 2D = -32 , C = 8 , 2B = 4 , A = 5



  

92 

 

              

1296

802816

2882

1625











FED

ECB

DBA

W  

AW < 0 , ω > 0 

F = 3 , 2E = -12 , 2D = 16 , C = 17 , 2B = 12 , A = 8

              

1296

368

6176

868









W  

AW < 0 , ω > 0 

F = -2 , 2E = 2 , 2D = 1 , C = 4 , 2B = -5 , A = 1

  

0

215.0

1425

5.05.21









W  

AW = 0 , ω< 0 

F = -5 , 2E = -1 , 2D = 2 , C = 2 , 2B = 0 , A = 2

            

5.26

65.01

5.020

102





W  
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AW < 0 , ω < 0 A = CB = 0

F = 29 , 2E = -14 , 2D = 6 , C = 1 , 2B = -2 , A = 1

           

16

2973

711

311









W  

W ≠ 0 , ω = 0 

F = -11 , 2E = -30 , 2D = 20 , C = 9 , 2B = -12 , A = 4

           

0

111510

1566

1064









W  

W = 0 , ω = 0 CF – E
2
 = -324 < 0

F = 175 , 2E = 24 , 2D = -38 , C = 0 , 2B = -24 , A = 7

                 

2078

1751219

12012

19127









W  

W ≠ 0 , ω < 0 

45

m
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Bm
2
 + ( A – C ) m – B = 0 

  

 
   

(Ax + By + D) + m (Bx + Cy + E) = 0 

9

5 x
2
 + 4 xy + 8 y

2
 – 32 x – 56 y + 80 = 0 

F = 80 , 2E = -56 , 2D = - 32 , C = 8 , 2B = 4 , A = 5

Bm
2
 + ( A – C ) m – B = 0 

2 m
2
 – 3 m -2 = 0 

      

    
 

 
  

(5 x + 2 y – 16) + 2 (2x + 8 y -28) = 0 

(5 x + 2 y – 16) - 
 

 
 (2x + 8 y -28) = 0 

4 x – 2 y -2 = 0                         9x + 18 y -72 = 0 

2 x- y = 1     x + 2 y = 8 

11

4 x
2
 + 4 xy + y

2
 + 4 x + 1 = 0 

F = 1 , 2E = 0 , 2D = 4 , C = 1 , 2B = 4 , A = 4 
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Bm
2
 + ( A – C ) m – B = 0 

2 m
2
 – 3 m -2 = 0 

   
 

 
  

       

(4 x + 2 y +2) + 
 

 
 (2x +  y) = 0 

(4 x + 2 y +2) -   (2x +  y) = 0 

   
 

 
     

10 x + 5 y + 4 = 0 

2 = 0

ω = 0

11

4 x
2
 + 4 y

2 
– 20 x + 12 y + 25 = 0 

F = 25 , 2E = 12 , 2D = -20 , C = 4 , 2B = 0 , A = 4 

Bm
2
 + (A – C) m – B = 0 

0 = 0 

m
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12

x
2
 – 6 xy + y

2
 – 2x -2y + 5 = 0  

F = 5 , 2E = -2 , 2D = -2 , C = 1 , 2B = -6 , A = 1 

                  

48

511

113

131









W  

W ≠ 0 , ω < 0 

   Ө

B    2
 Ө + (A –C)    Ө – B = 0 

            

       

        

A' = A + B    Ө = -2 

C' = C - B    Ө = 4 

          
 

 
    

         
   

  
    

            

Bm
2
 + ( A – C ) m – B = 0 

m2 = -1    m1 = 1 

( x – 3 y – 1 ) + ( - 3 x + y – 1 ) = 0 

x + y + 1 = 0 
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( x – 3 y – 1 ) - ( - 3 x + y – 1 ) = 0 

x – y = 0 

( 
 

 
   

 

 
)

 



  

98 

 

1- x
2
 + 4xy + 5y

2
 -6x-8y-1=0

2- 5 x
2
 + 4 xy + 8 y

2
 -32 x – 56 y + 80 =0 

3- 6 xy - 8 y
2
 + 12 x – 26 y - 11 =0 

4- 5 x
2
 + 12 xy -22 x – 12 y -19 =0 

5- 9 x
2
 + 24 xy + 16 y

2
 -40 x + 30 y =0 

6- x
2
 – 5 xy + 4 y

2
 + x + 2 y - 2 =0 

7- x
2
 + y

2
 + 2 xy + 1 =0

8- x
2
 + y

2
 +  xy - 1 =0

9- x
2
 + 4 xy + 4 y

2
 + 6 x – 12 y + 8 =0 

10- 5x
2
 + 4 xy + 8 y

2
 - 22 x – 46 y + 80 =0 

11- 9x
2
 + 6 xy + 4 y

2
 - 10 x – 8 y + 4 =0 

12- 7x
2
 + 42 xy - 14 y

2
 + 22 =0 

13- 4x
2
 + 3 xy + 2 y

2
 -3 x + 2 y + 5 =0 

14- x
2
 + 2 xy + 3 y

2
 + 2 x – 4 y -1 =0 

15- x
2
 + 4 xy + 4 y

2
 + 2 x + 4 y + 1 =0 

16- xy + 2 y
2
 +  x + 4 y + 2 =0 

17- x
2
 + 6 xy + 3 y

2
 - 2 x + 2 y - 1 =0 
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122 

 

Data 

1.  

2.  

3.  

4.  

5.  

51

  

  

  

  

 

 

 
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 

 

  

  

 

 

52  

 

 

 Qualitative Data 

 

 

 أنواع البيانات

 

 كوية

 

 هتصلة

 

 هنفصلة

 

 نوعية

 

 ترتيبية

 

 اسوية
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 

 

 

 

 Quantitative Data 

 

4

848

 

 

53

  

 

 
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 

 

1  

2  

3  

4  

1  

2  
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3 

 

4 

1  

2  

1  

2  

3 
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4  

1  

2  

1  

2 

 

3  

1 

 

2 

 

3  

4  

5 
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1 3122

 

2 

54

 

1 Simple Random Sampling (SRS)  

2 Systematic Sampling  

3 Stratified Sampling  

4 Cluster Sampling  

55Classified Statistical Data 

551

 

         

      

       

           

         

  

           .
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1

    50

.

: 

-1         . 

-2      . 

-3    . 

 

1  

2  
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8 

11

12

12

9

5252

52

8 2.16 

112.22 

122.24 

122.2 

92.18 

521.22

3           

: 

 f

f
  

5282.16

52112.22

52122.24
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52122.2

5292.18

         

   

  

 K 

1000322.31  NNLogK

10005.2 4  NNK

N

NK 2

 

 

 

 I 

  

 
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2

82

30 50 60 60 40 80 70 85 90 95 

50 65 75 78 98 98 60 40 50 30 

33 45 56 57 58 42 41 46 85 75 

76 76 77 78 50 54 56 58 95 86 

33 34 75 76 77 78 97 55 56 85 

63 65 68 64 67 66 71 72 75 76 

30 50 34 83 85 60 66 78 53 85 

55 33 95 91 90 52 75 76 76 74 

:

1     .

2    . 

3          57  75 

4         57  

5       57    

1  

683098  

2 K 

100080848.7805.2 4  NK

3 I 

95.88/68 I 

4 32 

5  
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39930  

8323239

6393948

13484857

11575766

8666675

19757584
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 اللجنة العلوية:

 أ. د. 

 أ. د. 

 أ. د. 

 :ودلك اللغويال

 د.

 حموق الطبع والترجوة والنشر هحفوظة لوديرية الكتب والوطبوعات الجاهعية


